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Plasmonic metasurfaces provide an effective way to increase the efficiency of several nonlinear
processes while maintaining nanoscale dimensions. In this work, nonlinear metasurfaces based on
film-coupled silver nanostripes loaded with Kerr nonlinear material are proposed to achieve efficient
four-wave mixing (FWM). Highly localized plasmon resonances are formed in the nanogap between the
metallic film and nanostripes. The local electric field is dramatically enhanced in this subwavelength
nanoregion. These properties combined with the relaxed phase matching condition due to the ultrathin
area lead to a giant FWM efficiency, which is enhanced by nineteen orders of magnitude compared
to a bare silver screen. In addition, efficient visible and low-THz sources can be constructed based on
the proposed nonlinear metasurfaces. The FWM generated coherent wave has a directional radiation
pattern and its output power is relatively insensitive to the incident angles of the excitation sources.
This radiated power can be further enhanced by increasing the excitation power. The dielectric nonlinear
material placed in the nanogap is mainly responsible for the ultrastrong FWM response. Compact and
efficient wave mixers and optical sources spanning different frequency ranges are envisioned to be
designed based on the proposed nonlinear metasurface designs.
Four-wave mixing (FWM) is a parametric nonlinear process with widespread applications in wavelength conversion, signal regeneration, switching, phase-sensitive amplification, nonlinear imaging, and entangled photon pair
generation1–6. It is a byproduct of the Kerr nonlinear optical effect and has an almost instantaneous response on
the order of femtoseconds7. For these reasons, it has great potentials towards the practical realization of ultrafast
all-optical signal processing components. In addition, another advantage of FWM is that it can realize nonlinear
frequency conversion and generation over a broad frequency range from visible to infrared (IR) and low-THz8–9.
These new optical nonlinear sources will be compact and able to be easily integrated on photonic chips.
However, FWM processes have an extremely weak nature and suffer from very poor efficiencies7. Typical to
third-order optical nonlinear effects, very high input intensities are required to excite these processes. This detrimental issue directly limits their practical applications. Recently, a new way to enhance optical nonlinear processes has been proposed. It is based on plasmonic nanostructures10 instead of the usual all-dielectric nonlinear
waveguides7. In these metallic plasmonic structures, the electromagnetic fields can be enhanced and confined in
subwavelength volumes forming localized and surface plasmon polaritons11. The intrinsic nonlinear response of
noble metals, as well as the enhanced field intensity due to the extreme confinement of electromagnetic radiation,
serve as an excellent platform to boost several optical nonlinear processes10. For example, recently, it was reported
that Kerr nonlinear effects and FWM can be enhanced with several plasmonic metamaterial configurations12–15.
Additionally, the phase-matching requirements are relaxed in plasmonic nanostructures16, which consists a major
advantage for nonlinear applications and, in particular, for FWM processes17.
Therefore, the key towards improving the efficiency of several optical nonlinear processes (FWM and others)
is to increase the local field intensity along nonlinear materials, which are usually located in highly subwavelength regions18–30. Towards this end, it was recently presented that the generated FWM wave at a plane nonlinear
metallic surface can be increased by three orders of magnitude due to the strong field enhancement obtained by
surface plasmon polaritons (SPP)31. In another relevant study32, a plasmonic grating was used to further enhance
FWM. In this configuration, Fabry-Pérot (FP) interference modes were created inside the grating’s metallic narrow grooves due to increased coupling with the incident light. Consequently, the FWM efficiency was further
improved by two orders of magnitude because stronger confined fields were interacting with the nonlinearities
of metal. Recently, it was theoretically shown that the FWM efficiency can be improved by one additional order
of magnitude with the use of periodic plasmonic nanowires coupled to a metallic film33. This extra improvement
resulted from the excitation of localized surface plasmon resonance (LSPR) modes characterized by ultrastrong
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Figure 1. Schematic illustration of the plasmonic metasurface based on silver nanostripes coupled to a
silver film. Inset: Distribution of the field enhancement at the fundamental resonance (λ  = 833 nm).

fields confined at the nanogap between the nanowires and the substrate. However, the field confinement is
restricted to a very small region in this configuration, which directly sets up an upper limit to the FWM efficiency.
It was also shown that the radiated power outflow of the generated FWM wave has moderate values and is not
directional. Hence, the practical FWM enhancement of this plasmonic configuration is still limited.
In this work, we propose an alternative nonlinear plasmonic configuration based on film-coupled silver (Ag)
nanostripes with the geometry shown in Fig. 1. The height of the nanostripes is only 40 nm and this ultrathin
structure can be considered to be a planar optical metamaterial, alternatively called metasurface, operating in
reflection34–35. Giant degenerate FWM efficiency is obtained with this nonlinear metasurface due to the remarkable field enhancement achieved at the nanogap of this structure. In addition, the FWM wavelength conversion can be achieved in highly subwavelength regions, i.e. the nanogap with 2 nm thickness, which relaxes the
phase-matching condition. Highly localized plasmon resonances are formed inside this nanoregion between the
metallic film and nanostripes and the local field is dramatically enhanced. Kerr nonlinear material is loaded inside
the nanogap and it is shown that the reflected FWM signal is mainly generated in this region. The nonlinearity of
metal is also taken into account in all our calculations but it is found to weakly contribute to the FWM process.
The quantitative nonlinear analysis based on full-wave simulations demonstrates giant FWM efficiency with an
improvement in the radiative FWM power outflow by up to nineteen orders of magnitude compared to the FWM
produced by a plain Ag film. In addition, the generated FWM wave has a highly directional radiation pattern and
its enhanced radiative power outflow is relatively insensitive to the incident angles of the FWM input waves. These
are ideal conditions to realize efficient generation of electromagnetic radiation over a broad frequency range.
We explore several ways to match the incident wavelengths with the multiple resonant wavelengths of the proposed nonlinear metasurface in order to efficiently generate visible and low-THz electromagnetic radiation. The
proposed designs can improve the currently immature development state of low-THz sources. Interestingly, the
THz radiation intensity generated from the presented nonlinear metasurface can be increased monotonically as
we increase the input radiation power. Novel compact and efficient visible, IR and THz optical sources and wave
mixers can be designed based on the proposed ultrathin nonlinear device.

Nonlinear Metasurface Geometry

The geometry of the nonlinear plasmonic metasurface is shown in Fig. 1. Periodic nanostripes are coupled to a
metallic film. All the metallic parts of the proposed metasurface designs are assumed to be made of silver. Note
that similar structures have recently been experimentally verified to boost third-harmonic-generation (THG)36.
The spacer layer placed between the nanostripes and the metallic film is filled with Kerr nonlinear material. It
has an ultrathin thickness g =  2 nm. The nanostripes are considered infinite along the z-direction, and their periodicity in the x-direction is d =  250 nm. Each nanostripe has width l =  40 nm and height h =  40 nm. To comply
with experimental fabrication tolerances, the corners of their cross-sections are rounded with a radius r =  2 nm36.
The thickness of the metallic film (H = 80 nm) is chosen to be larger than silver’s skin depth at optical and THz
frequencies in order for the transmission to be equal to zero.
Two waves with different angular frequencies ω1 and ω2 are impinging on the metasurface along the x-y plane.
Their incident angles are θ1 and θ2, respectively. A new wave with frequency ω3 is generated via the degenerate
FWM nonlinear mechanism following the relationship: ω3 =  2ω1 − ω237. The incident waves are always transverse
magnetic (TM) polarized and their magnetic field direction is along the z-axis. The proposed metasurface is
expected to exhibit polarization dependence but its response is relatively independent to the angle of incidence of
the impinging waves, as it will be shown later. The proposed design can become polarization independent, if the
nanostripes are replaced by their three-dimensional (3D) counterparts, an array of nanocube resonators38–45. The
physics of these two plasmonic systems are very similar except that the latter one can work for both polarizations,
i.e., it is polarization insensitive. Hence, both systems can enhance several nonlinear effects and other photodynamic processes, such as spontaneous emission rates38–45.
Scientific Reports | 6:28746 | DOI: 10.1038/srep28746
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Figure 2. Reflectance (black line) and field enhancement (red lines) distributions of the linear metasurface
versus the incident wavelength. The red solid and dotted lines depict the local maximum and the spatially
averaged field enhancement, respectively.

Results and Discussion

Linear simulations are performed when we set-up the nonlinear part of metal and dielectric permittivities equal
(3)
to zero χd(3) = χAg
= 0. The metasurface shown in Fig. 1 is illuminated with two normal incident TM polarized
plane waves. The dimensions are given in the previous section. The reflectance is plotted in Fig. 2 as a function of
the excitation wavelength, and the fundamental resonant wavelength is computed to be located at 833 nm. The
reflectance decreases significantly at this resonant frequency point and a localized plasmon resonance is formed.
The impinging radiation is trapped in the spacer layer, leading to enhanced fields inside the nanogap between the
film and the nanostripes with a standing wave FP distribution36,46. The amplitude of the resonant electric field
enhancement distribution has been computed and is shown in the inset of Fig. 1. The local maximum of the field
enhancement can reach large values on the order of |E /E 0 |max = 250 at the resonance, where E0 is the electric
field amplitude of the incident wave. The maximum field enhancement occurs near the edges of the nanostripe,
which is consistent to a FP resonance field distribution. Both average and maximum local field enhancements in
the nanogap are plotted in Fig. 2 (dotted and solid red lines, respectively). By comparing the values of these two
parameters, the degree of uniformity of the electric field inside the nanogap can be derived. The strong field
enhancement confined in an extremely subwavelength region (g =  2 nm) is ideal condition to boost several nonlinear processes, such as FWM, second and third harmonic generation. Note that the resonant frequency response
of the proposed metasurface can be tuned throughout the visible and IR by just varying its geometric parameters42. The resonant wavelength will change when we vary the thickness of the spacer layer g, the width of the
nanostripes l, and the rounded corners (radius r) of the nanostripe cross-sections. On the contrary, the field
enhancement and the resonant frequency will be weakly impacted by the periodicity d and the incident angles θ1
and θ2. The field enhancement is maximum at normal incidence and slightly decreases towards grazing angles43.
This will moderately affect the FWM efficiency at grazing angles, as it will be shown later in the manuscript.
To utilize the strong resonant field enhancement effect, the incident waves are assumed to be monochromatic
with input wavelengths λ1 =  833 nm and λ1 =  845 nm. They have equal optical intensities I1 =  I2 =  3 MW/cm2,
which are much lower compared to previous relevant FWM works33. These values are well below the damage
threshold of silver or other metal and dielectric materials used to construct the proposed nonlinear metasurface. The generated FWM wave will have a wavelength of λ3 = 821 nm, following the frequency mixing relation
presented before. The wavelengths of both incident waves and the generated FWM wave are all located close to
the fundamental resonance (833 nm) of this metasurface. As a result, the induced fields at the nanogap of each
incident and generated wave are drastically enhanced at these frequency points.
In experimental set-ups, the measured power of the generated FWM wave will be equal to the power flow
radiated through the boundaries of the current simulation domain33. Therefore, the FWM efficiency can be
described in a more practical way by computing the power outflow of the generated FWM wave. The FWM process is relatively insensitive to both incident angles of the input waves for this particular plasmonic metasurface,
as it will be shown in the next section. Hence, for simplicity, θ2 is kept constant and equal to zero (θ2 =  0°), while
θ1 varies from −90° to 90°. The FWM power outflow is computed and is found to be symmetric with respect to
θ1 = 0°. The result is shown in Fig. 3 (solid line). The maximum power outflow is 2.2 ×  105 W/m at θ1 =  0°. We
have also computed the FWM power outflow in two other structures: a bare silver film (dashed line in Fig. 3) and
a silver film with a 2 nm thick nonlinear dielectric layer on top of it (dotted line in Fig. 3). The dielectric layer has
the same linear and nonlinear properties with the dielectric loaded in the metasurface nanogap. The two small
peaks at θ1 =  ±30° in the dashed and dotted lines of Fig. 3 are due to the surface plasmon resonant enhancement
effects generated from the silver layer31. Interestingly, it can be seen that the power outflow is increased with the
proposed metasurface by nineteen and sixteen orders of magnitude, respectively, compared to the other two structures. This giant FWM efficiency enhancement can be triggered with low input intensities. It will facilitate the
efficient excitation of FWM nonlinear signals by using nanoscale devices.
In addition to high efficiency, the FWM radiated wave produced by the proposed nonlinear metasurface is
homogeneous and relatively insensitive to the angles of incident waves. This can be partially deduced by Fig. 3,
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Figure 3. Power outflow of the generated FWM wave as a function of different excitation angles for the
nonlinear metasurface (solid line), a silver film with a nonlinear dielectric top layer (dotted line) and a
bare silver film (dashed line). The incident wavelengths are λ1 =  833 nm and λ2 =  845 nm and the wavelength
of the generated FWM wave is λ3 =  821 nm. The generated FWM power outflow of the nonlinear metasurface is
enhanced by nineteen orders of magnitude compared to a bare silver film.

Figure 4. Power outflow of the generated FWM wave as a function of the incident angles of both excitations for
(a) the nonlinear metasurface and (b) the bare silver film. The generated FWM power outflow of the nonlinear
metasurface is enhanced, homogeneous and relatively insensitive to the incident angles compared to a bare
silver film.

due to the flat curve of the produced FWM wave for different incident wave angles (θ1). Similar insensitive angle
operation is expected for the other incident wave impinging with an angle θ2. To further illustrate this interesting
effect, the distribution of the FWM power outflow as a function of the excitation angles of both incident waves
(θ1 and θ2) is computed and plotted in Fig. 4(a,b) for the proposed nonlinear metasurface and the bare Ag film,
respectively. The FWM efficiency of the proposed nonlinear metasurface is extremely high and uniformly distributed within a wide range of both incident waves excitation angles. It declines only when the angles approach
grazing incidence [Fig. 4(a)]. On the contrary, the FWM distribution is very sensitive to both excitation angles in
the bare silver film case. The efficiency is very small and is dramatically altered with the direction of the incident
waves [Fig. 4(b)]. The peaks in the FWM distribution are attributed to the excited surface plasmon polaritons
propagating on the surface of the silver layer31.
As indicated before, the resonant wavelengths can be adjusted just by changing the dimensions of the metasurface. Figure 5 shows the reflectance of the linear metasurface when the width of the nanostripe is increased to
l =  70 nm and all the remaining dimensions are kept the same with before. In this design, the fundamental resonance is red-shifted from 833 nm to 1206 nm. In addition, higher-order resonances are supported by this metasurface, which are always located at lower wavelengths compared to the fundamental resonance (Fig. 5). The
maximum and average electric field enhancements are also plotted in Fig. 5 (red solid and dotted lines, respectively). The field is enhanced at both fundamental and higher-order resonances located at λ =  1206 nm and
λ =  620 nm, respectively. However, the local maximum of the field enhancement in the nanogap is |E /E 0 |max = 60
at the higher-order resonance (Fig. 5), which is relatively smaller compared to the field enhancement at the fundamental resonance (|E /E 0 |max = 185). The average value of the field enhancement is also smaller (|E/E0|avg =  30)
at the higher-order resonance compared to the value at the fundamental resonance (|E/E0|avg = 84). The field
Scientific Reports | 6:28746 | DOI: 10.1038/srep28746
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Figure 5. Reflectance (black line) and field enhancement (red lines) distributions of the linear metasurface
with nanostripes width l  =  70 nm. The red solid and dotted lines depict the local maximum and the spatially
averaged field enhancement, respectively. Inset: Distribution of the field enhancement at the higher-order
resonance (λ  = 620 nm).

Figure 6. Power outflow of the generated 13.5 THz FWM wave as a function of different excitation angles
for the nonlinear metasurface (solid line), a silver film with a nonlinear dielectric top layer (dotted line)
and a bare silver film (dashed line). The incident wavelengths of the pump waves are λ1 =  1206 nm and
λ2 =  620 nm and the wavelength of the generated low-THz FWM wave is λ3 =  22 μm. The power outflow of the
generated 13.5 THz FWM wave is enhanced by fifteen orders of magnitude compared to a bare silver film.
enhancement distribution at the higher-order resonance is shown in the inset of Fig. 5. In this case, there are 4
antinodes in the electric field distribution which appear between the nanostripe and the metallic layer, while only
2 antinodes emerge at the fundamental resonance (see inset in Fig. 1). This is a typical higher-order FP resonant
wave distribution.
According to the relationship ω3 =  2ω1 − ω2, the frequencies ω1, ω2 of the two monochromatic incident waves
should be largely separated in order to produce a FWM signal (ω3) at low-THz frequencies. The efficiency of the
FWM generated THz wave can be enhanced by matching the input wavelengths to more than one resonances of
the proposed metasurface. Towards this end, two monochromatic plane waves with λ1 =  1206 nm and λ2 =  620 nm
are launched to the proposed metasurface with the dimensions mentioned before. The incident wavelengths coincide with the fundamental and higher-order resonances, as they were computed in Fig. 5. The induced fields at the
nanogap are enhanced for both incident wave frequencies leading to an efficient FWM process.
The power outflow of the generated FWM wave is again computed by nonlinear simulations based on
COMSOL and all the nonlinear material parameters are the same with the previous example. It is plotted in Fig. 6,
as a function of the incident angle θ1, for the proposed nonlinear metasurface (solid line), the bare silver film
(dashed line) and the silver film covered by a 2 nm thick nonlinear dielectric layer (dotted line). The FWM power
outflow of the proposed nonlinear metasurface is increased by fifteen and thirteen orders of magnitude compared
to the other configurations. Furthermore, it is noteworthy that now the wavelength of the FWM generated wave is
22 μm, corresponding to an approximate frequency of 13.5 THz. Hence, the proposed nonlinear metasurface can
provide a new approach to realize an efficient all-optical coherent THz source based only on ultrafast third-order
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Figure 7. Far field FWM radiation patterns of the nonlinear metasurfaces for incident pump waves (a) λ1 = 833 nm
and λ2 =  845 nm (Fig. 1 design), and (b) λ1 =  1206 nm and λ2 =  620 nm (Fig. 5 design) impinging with different
incident angles. Directional FWM radiation patterns are obtained for both nonlinear metasurface designs.

optical nonlinearities. Recently, in an analogous way, it was demonstrated that an efficient THz source can be
implemented by second-order nonlinear processes using the surface plasmon polaritons induced along the surface of graphene47.
The maximum power outflow of the proposed structure is 5.46 ×  10−5 W/m at θ1 = 0°, which is lower compared to the previous FWM metasurface design, where the incident waves were located close to the fundamental resonance. This is due to the lower field enhancement in the nanogap of this configuration. The maximum
field enhancement at the fundamental resonance is decreased to 185 when the nanostripe width is increased to
l =  70 nm. In addition, the field enhancement at the higher-order resonance is always smaller compared to the
fundamental resonance. Moreover, the FWM generated THz wave cannot be enhanced by the resonant effect of
this structure because it is located in larger wavelengths, where the metasurface is not anymore resonant and a
very small portion of the field is coupled inside the nanogap. There is a large frequency span among the wavelengths λ1, λ2, and λ3 used in the current FWM process. However, the FWM output radiation power is still relatively high and can be further increased in real-time depending on the input intensities. In principle, arbitrary
large THz radiation intensity can be generated with the proposed metasurface with values directly proportional to
the input intensities. Its THz response is only limited by the damage threshold of the materials used to construct
the proposed device. Note that phase mismatch is not an issue in this case, since the FWM process takes place in
a highly subwavelength region inside the nanogap. This is in accordance to previous studies, where it was shown
that the phase-matching condition can be relaxed in ultrathin nonlinear metasurfaces16,48–50.
While the FWM process is excited by visible or near-IR incident waves, the proposed nonlinear metasurface
can operate as visible, IR or THz source. Coherent radiation is generated due to the ultrafast coherent nonlinear
interactions between the incident light beams. However, the directivity of this FWM radiation source should also
be computed in order to fully evaluate its practical potential. To this end, the far-field radiation patterns of the
FWM generated signals for both previously presented nonlinear metasurfaces are computed and plotted in Fig. 7.
The radiation patterns are plotted along the x-y plane, where the 0° angle represents the direction parallel to the
silver film surface. For both visible and THz FWM-based sources, the intensity of the radiated wave is mainly
concentrated along the y-axis, which is the direction perpendicular to the nonlinear metasurface. Directional
FWM radiation patterns are obtained for both nonlinear metasurface designs. The thickness of the silver film is
much larger than the skin depth and, as a result, almost no power of the generated FWM wave penetrates through
the silver film. The nonlinear metasurface works only in reflection and the radiated power is approximately equal
to zero in the angular range from 180°–360°, as it is shown in Fig. 7. We also plot in Fig. 7 the radiation patterns
for different excitation angles. The maximum radiation power drops when the excitation angles are increased,
which is consistent with the FWM distribution results shown in Figs 3 and 6, respectively. However, the directivity shape of the radiated power is independent of the excitation angles and always a directive spatially-coherent
emission is obtained.
It is favorable in the design of efficient electromagnetic radiation sources to be able to control, tune and
increase the output radiation power of the generated wave. This can be easily achieved with the current FWM
configurations by varying the incident power of the excitation waves. Figure 8 demonstrates the effect of incident
intensities P1 and P2 on the generated FWM power for both visible [Fig. 8(a)] and THz [Fig. 8(b)] source configurations. The FWM power outflow is approximately a square function of P1 and a linear function of P2. The
two incident waves have different influences on the power of the generated FWM wave, as expected by Eq. (1).
Silver will not be damaged, i.e. melt, at these low input pump intensities and the generated output power can be
arbitrary increased as long as the damage threshold of the used materials is not reached. Therefore, derived from
Fig. 8, increasing the input pump power is an effective way to enhance the FWM radiated power.
Finally, in all our nonlinear metasurface simulations, the FWM process occurred in both the metallic parts
and the dielectric spacer layer. To find out which part dominates in the FWM mechanism, we calculated the
FWM efficiency when we ignore the nonlinearity of either the metallic or dielectric material. The first metasurface design, with FWM generated power results shown before in Fig. 3, is employed for this comparison. When
(3)
the nonlinearity of silver is not present (χAg
= 0), the FWM output power is almost the same with Fig. 3, as it is
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Figure 8. The effect of the incident pump intensities P1 and P2 on the power outflow of the generated FWM
wave. The incident pump wavelengths are (a) λ1 =  833 nm and λ2 =  845 nm (Fig. 1 design), and (b)λ1 =  1206 nm
and λ2 =  620 nm (Fig. 5 design), respectively. The power outflow of the generated FWM waves can be controlled
and increased by varying the power of the incident waves.

Figure 9. The FWM power outflow of the nonlinear metasurface (Fig. 1 design) when the nonlinearities
of all materials are included (black solid line), the nonlinearities of only the silver parts are ignored (red
dotted line) and the nonlinearity of only the dielectric spacer layer is ignored (blue dashed line). It can be
concluded that the FWM is mainly generated by the nonlinear dielectric spacer layer.

shown in Fig. 9. On the contrary, if the nonlinearity of the dielectric spacer is ignored (χd(3) = 0) and the metallic
parts provide the nonlinear response, the power outflow is dramatically decreased by eleven orders of magnitude.
Therefore, it can be concluded that the FWM is mainly generated by the nonlinear dielectric spacer layer. This is
consistent with the results shown in the insets of Figs 1 and 5, where the fields have been found to be primarily
enhanced between the nanostripes and the silver film, mainly inside the nanogap region. The fields cannot penetrate the metallic parts of the nonlinear plasmonic metasurface and, as a result, cannot interact with the nonlinearity of metal. Hence, the FWM signal generated by the nonlinear dielectric placed in the spacer layer is dominant.
Note that if the nonlinear dielectric placed in the spacer layer is changed to materials with higher nonlinear
coefficients, such as organic polymers 51, the radiation power of the generated FWM wave will be further
increased.

Conclusions

Efficient FWM in nanoscale regions requires enormous input optical intensities to be excited, which makes its
practical implementation very challenging. In this work, we demonstrated that nonlinear metasurfaces based
on film-coupled silver nanostripes can dramatically enhance FWM effects in the nanoscale. Due to the strong
localized plasmon resonance at these structures, the optical field is dramatically enhanced and confined in the
nanogap region between the metallic film and the nanostripes. This field intensity enhancement along the nonlinear material in conjunction with the relaxed FWM phase-matching conditions due to the metasurface ultrathin
thickness led to giant improvement in the FWM efficiency. By decorating a bare silver film with an array of silver
Scientific Reports | 6:28746 | DOI: 10.1038/srep28746
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nanorods, the efficiency of FWM and other nonlinear processes can be enhanced by many orders of magnitude.
In particular, when the wavelengths of both incident waves are close to the fundamental resonance, the power
outflow of the FWM generated wave can be improved by approximately nineteen orders of magnitude compared to
a bare silver film. Besides, when the incident wavelengths are matched with multiple resonances of the metasurface, an efficient THz source can be realized, which can be nonlinearly excited by visible and near-IR radiation. In
this case, the FWM generated power outflow is increased by sixteen orders of magnitude compared to a bare silver
film. Furthermore, the coherent FWM generated wave has a directional radiation pattern and the strong FWM
efficiency is relatively homogeneous and insensitive to the incident angles of the excitation waves. This efficiency
can be further improved by increasing the input intensities of the pump waves or by choosing materials placed
in the spacer layer with higher nonlinear coefficients. To conclude, optical losses weakly affect the nonlinear
FWM performance in the configuration under study and a giant enhancement in the effective dielectric nonlinear
coefficient is obtained by just decorating the metal substrate with metal nanostripes. An alternative robust way is
proposed to generate high intensity directional low-THz radiation, which is a very challenging task. The proposed
nonlinear plasmonic metasurface provides a mean to introduce extremely large nonlinear enhancements that can
be useful in generating entangled photon pairs or other wave mixing procedures, allowing a huge reduction in the
intensity of the required input sources.

Methods

The FWM process will induce a nonlinear polarization given by7:
PNL = ε0 χ(3) (ω3; ω1, ω1, − ω2) E1E1E 2⁎,

(1)

where χ is the third-order nonlinear susceptibility of both dielectric and metallic materials used in the design
of this metasurface. The dielectric spacer layer is made of Kerr nonlinear material ε =  εL +  χ(3)|E|2 with a linear
permittivity value εL = 2.2 and a third-order nonlinear susceptibility χd(3) = 4.4 ×10−18 m2 /V 2, typical values of
polymers and semiconductors7,40. The silver metallic parts of the metasurface are also characterized by a Kerr
(3)
nonlinear permittivity with χAg
= 9.3 × 10−20 m2 /V 2 7. Their complex linear permittivity is obtained from
52
experimental values .
The wave equation, including the nonlinear polarization, is equal to53:
(3)

[∇ × (∇× ) − ε (ω3) ω32/c 2] E 3 = ω32 µ0 PNL .

(2)

By solving this nonlinear wave equation with the electromagnetic solver of COMSOL Multiphysics, a commercial software based on the finite element method (FEM), the FWM properties of the nonlinear plasmonic
metasurface are computed. Our proposed structure is modeled as a two dimensional system, where the nanostripes are assumed to be infinitely long in the z-direction. This assumption is reasonable because the length of
the nanostripes is much larger compared to their cross-section dimensions. Three coupled wave equations at frequencies ω1, ω2, and ω3, respectively, are solved in the frequency domain, corresponding to incident and generated
waves. Our proposed structure is periodic at the horizontal x-direction and periodic boundary conditions are
applied at the two vertical boundaries enclosing the unit cell of one nanostripe. Thus, only one nanostripe (i.e. one
period) needs to be included in the simulation domain, which effectively accelerates the nonlinear calculations.

References

1. Salem, R. et al. Signal regeneration using low-power four-wave mixing on silicon chip. Nat. Photonics 2, 35–38 (2007).
2. Takesue, H. & Inoue, K. Generation of polarization-entangled photon pairs and violation of Bell’s inequality using spontaneous
four-wave mixing in a fiber loop. Phys. Rev. A 70, 031802 (2004).
3. Boyer, V., Marino, A. M., Pooser, R. C. & Lett, P. D. Entangled images from four-wave mixing. Science 321, 544–547 (2008).
4. Klonidis, D., Politi, C., O’Mahony, M. & Simeonidou, D. Fast and widely tunable optical packet switching scheme based on tunable
laser and dual-pump four-wave mixing. IEEE Photon. Technol. Lett. 16, 1412–1414 (2004).
5. Ho, M., Marhic, M., Wong, K. & Kazovsky, L. Narrow-linewidth idler generation in fiber four-wave mixing and parametric
amplification by dithering two pumps in opposition of phase. J. Lightwave Technol. 20, 469 (2002).
6. Kim, H., Sheps, T., Collins, P. G. & Potma, E. O. Nonlinear optical imaging of individual carbon nanotubes with four-wave-mixing
microscopy. Nano Lett. 9, 2991–2995 (2009).
7. Boyd, R.W. Nonlinear Optics (Academic, New York, 1992).
8. Nodop, D. et al. Efficient high-power generation of visible and mid-infrared light by degenerate four-wave mixing in a large-modearea photonic-crystal fiber. Opt. Lett. 22, 3499–3501 (2009).
9. Wang, Z. et al. Efficient terahertz-wave generation via four-wave mixing in silicon membrane waveguides. Opt. Express 20,
8920–8928 (2012).
10. Kauranen, M. & Zayats, A. V. Nonlinear plasmonics. Nat. Photon 6, 737–748 (2012).
11. Maier, S. Plasmonics: Fundamentals and Applications (Springer, New York, 2007).
12. Danckwerts, M. & Novotny, L. Optical frequency mixing at coupled gold nanoparticles. Phys. Rev. Lett. 98, 026104 (2007).
13. Popov, A. K., Myslivets, S. A., George, T. F. & Shalaev, V. M. Four-wave mixing, quantum control, and compensating losses in doped
negative-index photonic metamaterials. Opt. Lett. 32, 3044–3046 (2007).
14. Chen, P. Y., Farhat, M. & Alù, A. Bistable and self-tunable negative-index metamaterial at optical frequencies. Phys. Rev. Lett. 106,
105503 (2011).
15. Amin, M., Farhat, M. & Bağcı, H. A nonlinear plasmonic resonator for three-state all-optical switching. Opt. Express 22, 6966–6975
(2014).
16. Lee, J. et al. Giant nonlinear response from plasmonic metasurfaces coupled to intersubband transitions. Nature 511, 65–69 (2014).
17. Zhang, Y., Wen, F., Zhen, Y., Nordlander, P. & Halas, N. J. Coherent Fano resonances in a plasmonic nanocluster enhance optical
four-wave mixing. Proc. Natl. Acad. Sci. 110, 9215–9219 (2013).
18. Georges, A. T. Theory of nonlinear excitation of surface plasmon polaritons by four-wave mixing. J. Opt. Soc. Am. B 28, 1603–1606
(2011).
19. Liu, X. J. et al. Surfaces, films, and multilayers for compact nonlinear plasmonics. J. Opt. Soc. Am. B 30, 2999–3010 (2013).
20. Hagman, H. et al. Plasmon-enhanced four-wave mixing by nanoholes in thin gold films. Opt. Lett. 39, 1001–1004 (2014).

Scientific Reports | 6:28746 | DOI: 10.1038/srep28746

8

www.nature.com/scientificreports/
21. Singh, S. K., Abak, M. K. & Tasgin, M. E. Enhancement of four-wave mixing via interference of multiple plasmonic conversion paths.
Phys. Rev. B 93, 035410 (2016).
22. Tai, C. Y., Tang, P. W., Yu, W. H. & Chang, S. H. Label-free multi-color superlocalization of plasmonic emission within metallic nanointerstice using femtosecond chirp-manipulated four wave mixing. Opt. Express 23, 32113–32129 (2015).
23. Simkhovich, B. & Bartal, G. Plasmon-enhanced four-wave mixing for superresolution applications. Phys. Rev. Lett. 112, 056802
(2014).
24. Argyropoulos, C., Chen, P. Y., D’Aguanno, G., Engheta, N. & Alu, A. Boosting optical nonlinearities in ε-near-zero plasmonic
channels. Phys. Rev. B 85, 045129 (2012).
25. Argyropoulos, C., Chen, P. Y., Monticone, F., D’Aguanno, G. & Alù, A. Nonlinear Plasmonic Cloaks to Realize Giant All-Optical
Scattering Switching. Phys. Rev. Lett. 108, 263905 (2012).
26. Argyropoulos, C., Estakhri, N. M., Monticone, F. & Alu, A. Negative refraction, gain and nonlinear effects in hyperbolic
metamaterials. Opt. Express 21, 15037–15047 (2013).
27. Argyropoulos, C., D’Aguanno, G. & Alu, A. Giant second-harmonic generation efficiency and ideal phase matching with a double ε
-near-zero cross-slit metamaterial. Phys. Rev. B 89, 235401 (2014).
28. Liu, X. J., Wang, Y. & Potma, E. O. A dual-color plasmonic focus for surface-selective four-wave mixing. Appl. Phys. Lett. 101, 081116
(2012).
29. Argyropoulos, C., Chen, P.-Y., D’Aguanno, G. & Alu, A. Temporal soliton excitation in an ε-near-zero plasmonic metamaterial. Opt.
Lett. 39, 5566–5569 (2014).
30. Duffin, T. J. et al. Degenerate four-wave mixing in silicon hybrid plasmonic waveguides. Opt. Lett. 41, 155–158 (2016).
31. Renger, J., Quidant, R., Van Hulst, N. & Novotny, L. Surface-enhanced nonlinear four-wave mixing. Phys. Rev. Lett. 104, 046803
(2010).
32. Genevet, P. et al. Large enhancement of nonlinear optical phenomena by plasmonic nanocavity gratings. Nano Lett. 10, 4880–4883
(2010).
33. Poutrina, E., Ciraci, C., Gauthier, D. J. & Smith, D. R. Enhancing four-wave-mixing processes by nanowire arrays coupled to a gold
film. Opt. Express 20, 11005–11013 (2012).
34. Yu, N. F. & Capasso, F. Flat optics with designer metasurfaces. Nat. Mater. 13, 139–150 (2014).
35. Minovich, A. et al. Functional and nonlinear optical metasurfaces. Laser & Photon. Rev. 9, 195–213 (2015).
36. Lassiter, J. B. et al. Third-harmonic generation enhancement by film-coupled plasmonic stripe resonators. ACS Photonics 1,
1212–1217 (2014).
37. Agrawal, G. P. Nonlinear fiber optics (Academic, San Diego, 2007).
38. Rycenga, M. et al. Generation of hot spots with silver nanocubes for single-molecule detection by surface-enhanced Raman
scattering. Angew. Chem. Int. Ed. 50, 5473–5477 (2011).
39. Lassiter, J. B. et al. Plasmonic waveguide modes of film-coupled metallic nanocubes. Nano Lett. 13, 5866–5872 (2013).
40. Argyropoulos, C., Ciraci, C. & Smith, D. R. Enhanced optical bistability with film-coupled plasmonic nanocubes. Appl. Phys. Lett.
104, 063108 (2014).
41. Akselrod, G. M. et al. Probing the mechanisms of large Purcell enhancement in plasmonic nanoantennas. Nat. Photonics 8, 835
(2014).
42. Akselrod, G. M. et al. Large‐Area Metasurface Perfect Absorbers from Visible to Near‐Infrared. Adv. Mater. 27, 8028–8034 (2015).
43. Moreau, A. et al. Controlled-reflectance surfaces with film-coupled colloidal nanoantennas. Nature 492, 86–89 (2012).
44. Akselrod, G. M. et al. Leveraging nanocavity harmonics for control of optical processes in 2d semiconductors. Nano Lett. 15,
3578–3584 (2015).
45. Hoang, T. B. et al. Ultrafast spontaneous emission source using plasmonic nanoantennas. Nat. Commun. 6, 7788 (2015).
46. Liu, X. J., Larouche, S., Bowen, P. & Smith, D.R. Clarifying the origin of third-harmonic generation from film-coupled nanostripes.
Opt. Express 23, 19565–19574 (2015).
47. Constant, T. J., Hornett, S. M., Chang, D. E. & Hendry, E. All-optical generation of surface plasmons in graphene. Nat. Phys. 12,
124–127 (2015).
48. Chen, P.-Y., Argyropoulos, C. & Alu, A. Enhanced nonlinearities using plasmonic nanoantennas. Nanophotonics 1, 221–233 (2012).
49. Chen, P.-Y., Argyropoulos, C., D’Aguanno, G. & Alu, A. Enhanced second-harmonic generation by metasurface nanomixer and
nanocavity. ACS Photonics 2, 1000–1006 (2015).
50. Almeida, E., Shalem, G. & Prior, Y. Subwavelength nonlinear phase control and anomalous phase matching in plasmonic
metasurfaces. Nat. Commun. 7, 10367 (2016).
51. Esembeson, B. et al. A high optical quality supramolecular assembly for third-order integrated nonlinear optics. Adv. Mater. 20,
4584–4587 (2008).
52. Johnson, P. B. & Christy, R. W. Optical constants of the noble metals. Phys. Rev. B 6, 4370–4379 (1972).
53. Xue, C., Jiang, H. & Chen, H. Nonlinear resonance-enhanced excitation of surface plasmon polaritons. Opt. Lett. 36, 855–857
(2011).

Acknowledgements

This work was partially supported by the Office of Research and Economic Development at University of
Nebraska-Lincoln and NSF Nebraska MRSEC.

Author Contributions

C.A. conceived the idea. B.J. performed analytical and numerical calculations. Both authors analyzed the results
and wrote the manuscript.

Additional Information

Competing financial interests: The authors declare no competing financial interests.
How to cite this article: Jin, B. and Argyropoulos, C. Enhanced four-wave mixing with nonlinear plasmonic
metasurfaces. Sci. Rep. 6, 28746; doi: 10.1038/srep28746 (2016).
This work is licensed under a Creative Commons Attribution 4.0 International License. The images
or other third party material in this article are included in the article’s Creative Commons license,
unless indicated otherwise in the credit line; if the material is not included under the Creative Commons license,
users will need to obtain permission from the license holder to reproduce the material. To view a copy of this
license, visit http://creativecommons.org/licenses/by/4.0/

Scientific Reports | 6:28746 | DOI: 10.1038/srep28746

9

